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1 Tablica wzoréow

P
Wzér podstawowy Wersja rozszerzona
argument x argument ax + b
Kliknij numer po prawej stronie wzoru, aby przejs¢ do odpowiadajacych mu przyktadow.
N J
Wzér ogbdlny
1
/f(x)dz:F(x)+C /f(az—&—b)dm:aF(aa:—Fb)—}—C (1)
Funkcja wykladnicza
x x axr+b 1 axr+b
e’de=e"+C e dr = —e +C (2)
a
Funkcje trygonometryczne
. . 1
/smxdx:fcos:chC /51n(a:1:+b)dw:ffcos(a:z:+b)+C’ (3)
a
1
/cos rdr =sinz +C /cos(ax +b)de = —sin(az +b) + C (4)
a
1
/tgmdw=—1n|cosm|+0 /tg(aﬂc—l—b)dx:—Eln\cos(ax+b)|+0 (5)
1
/ctgxdlen\sinx|+0 /ctg(az+b)dz:71n|sin(ax+b)\+c (6)
a
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Funkcje wymierne

1 d 1
/fdm:1n|ac|—|—0 / ‘ = —Injazr +b/+C (7)
T ax+b a
dz dx 11 ar +b
= arct C W\
/x2+1 arctg x + /(ax+b)2+72 A 7:’;urctg( 5 >+C (8)

Calki z wyrazeniami pod pierwiastkiem

dx . dx 1 ar +b
= arcsinz + C / = — arcsin ( ) +C 9
/\/1—x2 /42— (az + b2 a v (©)
/dixfln’x+\/x2+k‘+0 /d—x*
va? +k (ax + b2+ k
1ln‘ax+b+\/(a:chb)hrk‘+C (10)
a
Funkcje hiperboliczne
1
/sinhxdm =cosha +C /sinh(ax +b)dz = — cosh(ax + b) + C (11)
a
1
/coshxd:c =sinhx 4+ C /cosh(ax +b)dx = . sinh(ax + b) + C (12)
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2  Wzory wraz z przykladami zastosowania

Wersja podstawowa

wzor oraz dwa zastosowania

Wersja rozszerzona

wzor oraz dwa zastosowania

Wzér ogdlny

/f(x) de =F(z)+C

a)/x2dx—x3+0
-3

4
m/ﬁm=%+c

Funkcja wyktadnicza

/e”dx:e”—i—C

a)/?)emdx:i%/exdx

=3e" 4+ C

b)/5etdt:5/etdt

=5e' +C

/f(ax—i—b)dx: %F(aw—i—b)—l—C

3
2 3
3
_(233+1) LC
6
g, L (3t —2)4
b)/(3t D=3 e
(3t —2)%
= 2 +C

/eax+b dr = leax—&-b el
a

1
a) /4€2m+1 de =4- 562"’”1 +C
_ 262a:+1 + C
3t—2 1 3t—2

_ 2637572 4 C

(1)

T(2)
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Sinus

/sinxdm = —cosx + C

a)/2sinxdm:2/sinxdx

= —2cosx +C

b)/551ntdt=5/sintdt

= —5cost+ C

Cosinus

/cosxdx =gsinz +C

a) /4cos:cdx:4/cosxd:c

=4sinx +C

b) /7costdt:7/costdt

=T7sint+C

/sin(a:c +b)dr = 1 cos(ax +b) + C
a

1
a) /3sin(2x +1)dz =3 (—2 cos(2x + 1)) +C
3
=3 cos(2x +1)+C

b) /8sin(4t —3)dt=38 <i cos(4t — 3)) +C

= —2cos(4t —3)+ C

a

1
/cos(a:z: +b)de = —sin(ax +b) + C

1
a)/6cos(3z—2)d:z::6-gsin(Bx—2)+C
=2sin(3x —2) + C
b) /10cos(5t+ 1)dt =10- %sin(5t+ 1)+C

=2sin(5t +1)+C

T(3)

T (4)
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Tangens

/tg:rdx =—1In|cosz|+ C

a)/thxdx:2/tga:dx

= —2In|cosz| +C
b)/5tgtdt:5/tgtdt
= —5In|cost|+ C
Cotangens

/ctgwdm =In|sinz|+ C

a) /3ctgxdx:3/ctgxdx
=3In|sinz| +C

b) /4ctgtdt:4/ctgtdt
=4In|sint| + C

1
/tg(ax—&—b)dmz—71n|cos(ax+b)|+0 1 (5)
a

a) /4tg(2x+1)dx—4(—;ln|cos(2x+l)|) +C

= —2In|cos(2z + 1)| +C

b) /9tg(3t—2) dt =9 (—élncos(Bt—2)|> e

= —31In|cos(3t — 2)| +C

1
/ctg(ax +b)dr = . In |sin(azx + b)| + C 1+ (6)

1
a)/60tg(3x+1)dm:6~§1n|sin(3x—|—l)|+C
=2In|sin(3z+ 1)|+ C
b)/8ctg(4t—1)dt:8-iln|sin(4t—1)|+C

=2In|sin(4t — 1)|+ C
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Calka typu %

1 d 1
/fdx=1n|x|—|—0 / ’ =—Injax+b|+C
T ar+b a
) 1 4dx 1
—dxr = —d. =4.--1In|2 3|+ C
a)/xx 5/33:10 a)/2$+3 2n|9€+|+
=5n|z|+C =2In)2z+3|+C
3 1 6dt 1
St — - 2 6.2 -1
b)/tdt 3/tdt b)/gti1 65 mf3—1]+C
=3n|t|+C =2In[3t—-1|+C
Calka prowadzaca do funkcji arctg
dx dx 11 ar +b
% _arctgz + C B erro
/x2+1 arctg x + /(ax+b)2+’y? ; 7arctg( 5 )+C’
S5dx dz dx 11 20+ 3
— =15 _ _— — - = t C
a)/x2+1 /x2+1 a)/(2x+3)2+9 2 3arcg< 3 )+
=bHarctgz + C
arctg x :lartg 2z 43 L
6 3
2dt dt dt 11 3t—1
D = iy ELTW-\\ 245 3-1) 4
)/t2+1 /t2+1 b)/(3t—1)2+4 3 Qamtg( 2 >+
= 2arctgt + C 1 3t—1
aee =% arctg (2> +C

(7
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Calka prowadzaca do funkcji arcsin

dz . 1 ar+b
——— =arcsinz + C / — arcsin () +C T (9

/V1_332 \/’y—a:ﬂ—i—b a v ®)
a) 3 dz / a) /—dx R 1arcsin 2etl +C

Viez ) iz VI— 2z +1)2 2 3

= 3arcsinz + C
5dt dt 1 4t — 3

b b _— — — 1 _— C
) /1 — t2 / /1 — ¢2 ) / ,716 — (4t — 3)2 1 arcsin ( 1 ) —+

= barcsint + C

Calka z pierwiastkiem typu va? + k

dx
=lnlz+vVa2+k|l+C / =
V2 + k ‘ ‘ aa:+b +k
ln’ax—f—b—i-\/ (azx +b)? ’—i—C 1 (10)
a)/Lzln’x-i-\/vaHl’-i-C a)/d—x:lln’2x+1+\/(2x+1)z+4‘+0
Va2 +4 V2zr+1)244 2
dt dt 1
b ————=Int+ V2 +9|+C b/—zfl 3t—2++/3t—-2)2+9 +C
)/Vt2+9 e | V] Jai—orio 10| Br=27+9
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Sinus hiperboliczny

1
/sinhxdm =coshz +C /sinh(aw +b)dx = — cosh(ax + b) + C 1 (11)
a
1
a) /2sinhx dx = 2/sinhxdsc a) /4sinh(2x +1)de=4- 5 cosh(2z +1)+ C
=2coshz +C =2cosh(2z + 1)+ C
1
b) /5sinhtdt - 5/sinhtdt b) /9sinh(3t ~2)dt =9 5 cosh(3t —2) +C
=5cosht+C =3cosh(3t—2)+C

Cosinus hiperboliczny

1
/coshxdx =sinhz + C /cosh(aac +b) dz = —sinh(ax + b) + C 1 (12)
a
1
a) /3cosha:dx = 3/cosha:dx a) /6cosh(3z —1)dx=6- gsinh(?)x -1+C
= 3sinhax 4+ C =2sinh(3z — 1)+ C
1
b) /4coshtdt = 4/coshtdt b) /8cosh(4t +1)dt=38- 1 sinh(4t + 1)+ C
= 4sinht + C = 2sinh(4t+ 1)+ C
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